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Тема дисертації:
1. Деформування, динаміка та стійкість конструктивно анізотропних циліндричних оболонок в просторовій
постановці

2. Deformation, dynamics and stability of structurally anisotropic cylindrical shells in a spatial setting

Реферат:
1. Дисертаційну роботу присвячено розв’язанню, в рамках просторових співвідношень лінійної теорії
пружності, важливої науково-технічної проблеми, що пов’язана з дослідженням параметрів напружено-
деформованого стану (НДС), вільних коливань товстостінних, а також стійкості нетонких шаруватих
конструктивно анізотропних циліндричних оболонок. Конструктивна анізотропія зумовлена утворенням
матеріалу з однією площиною пружної симетрії, що паралельна серединній поверхні, внаслідок укладання,
ортотропного, у власних осях, волокнистого композита, під деяким кутом до твірної циліндричної оболонки.
Обґрунтована необхідність використання пропонованого підходу до розрахунків анізотропних шаруватих
циліндричних оболонкових конструкцій у порівнянні із ортотропною моделлю матеріалу. В якості вихідного
матеріалу для виготовлення оболонок використано волокнисті, а також функціонально-градієнтні



композити. Виконано дослідження параметрів, що описують НДС від силового, температурного та
термосилового впливів, вільних коливань, стійкості анізотропних циліндричних оболонок залежно від виду
граничних умов на торцях, геометрії конструкцій за товщиною, при урахуванні кутів укладання волокнистих
композитів. Ключові слова: теорія пружності, просторові співвідношення, напружено-деформований стан,
частота вільних коливань, стійкість, циліндрична оболонка, анізотропія, функціонально-градієнтний
матеріал.

2. The dissertation work is devoted to solving, within the framework of the spatial relationships of the linear theory
of elasticity, an important scientific and technical problem related to the study of the parameters of the stress-
strain state (SSS), free vibrations of thick-walled, as well as the stability of non-thin layered structurally anisotropic
cylindrical shells. Structural anisotropy is due to the formation of a materialwith one plane of elastic symmetry
parallel to the middle surface due to the laying of an orthotropic, in its own axes, fibrous composite at a certain
angle to the generatrix of the cylindrical shell. For the first time, an approach has been developed to construct a
system of six differential equations of motion of the spatial linear theory of elasticity for thick-walled cylindrical
anisotropic shells. The approach is based on a modification of the Hu – Washizu variational principle, which makes
it possible to write the boundary conditions and Hooke's law relation corresponding to the equations in a three-
dimensional formulation. When using the derived system and the corresponding boundary conditions, the values
of stresses and displacements from force and temperature influences can be established under various types of
boundary conditions at the ends of a layered thick-walled composite anisotropic cylindrical shell also made of
functionally graded materials. An approach based on the use of the Bubnov – Galerkin analytical method
procedure is presented to reduce the dimension of a three-dimensional system of differential equilibrium
equations obtained from a spatial system of equations of motion by neglecting terms that take into account the
temperature effect and the frequency of free oscillations. When a distributed lateral pressure is applied to a shell,
the use of the Bubnov – Galerkin method consists in expanding the stress and displacement functions into double
trigonometric Fourier series in the circular direction and along the generatrix of the cylindrical shell so that they
satisfy the conditions at its ends. The resulting normal Cauchy one-dimensional system of differential equations
makes it possible to determine the parameters of the stress-strain state of thick-walled anisotropic layered
cylindrical shell structures from the specified force action. When a shell is exposed to axial pressure or a shear
load (torsion) distributed along the ends, an approach to reducing the dimension of a three-dimensional system of
equilibrium equations is proposed, which includes the assumption that the stress-strain state parameters of the
cylinder are constant in the circular direction and the use of the method of straight lines along the generatrix of
thick-walled anisotropic layered cylindrical shells. In the case of temperature or thermoforce influences, an
approach is presented to reducing the dimension of a three-dimensional system of differential equilibrium
equations obtained from a spatial system of equations of motion, based on the use of the Bubnov – Galerkin
analytical method. The system of differential equations of normal Cauchy form obtained in this way makes it
possible to determine the parameters of the stress-strain state of thick-walled anisotropic cylindrical shells under
temperature or thermal force influence. Based on the spatial system of equations of motion, derived using the
modified Hu – Washizu variational principle, using the analytical method of Bubnov – Galerkin, an approach to
obtaining an infinite one-dimensional system of differential equations is presented, which makes it possible to
determine the frequencies of free vibrations of thick-walled layered anisotropic cylindrical shell structures. Based
on the modified Hu – Washizu variational principle, an approach to deriving a system of six homogeneous
differential stability equations of the spatial theory of elasticity for non-thin anisotropic cylindrical shells has been
developed for the first time. Using the Bubnov – Galerkin method, an approach has been developed for the first
time to reduce a three-dimensional system of differential stability equations to a one-dimensional normal Cauchy
form. To solve one-dimensional solving systems of differential equations about the stress-strain state from force
or temperature influences, free vibrations of thick-walled and stability of non-thin anisotropic cylindrical shells, a
numerical method of discrete orthogonalization was used, respectively adapted for their implementation. On this
basis, software systems have been created for personal computers that allow solving new problems of establishing
the parameters of stress-strain state from force, temperature or thermal effects, free vibrations of thick-walled



and stability of non-thin anisotropic composite cylindrical shells. The necessity of using the proposed approach to
the calculations of anisotropic layered cylindrical shell structures in comparison with the orthotropic material
model is substantiated.
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